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$\overline{S}_{n}=\sum_{k=0}^{n}\mu_{nk}S_{h},$ $S_{n}= \sum_{k=0}^{n}a_{h}$ (2)
. , $\mu_{nk}$ , [4].
, Euler
$\mu_{nk}=\frac{1}{2^{n}}(\begin{array}{l}nk\end{array})$ (3)
, $\sum_{k=0}^{n}\mu_{nk}(-1+\vee c)^{h}=(\epsilon/2)^{n}$ . ,
, $0<\epsilon<2/3,$ $c$ Sn-S=c(-l+\epsilon
, $\overline{S}_{n}-S=\mathrm{c}(\epsilon/2)^{n}$ , .
, Salzer [4]
\mu $=(-1)^{n+k} \frac{(k+\alpha)^{n}}{n!}(\begin{array}{l}nk\end{array}),$ $\alpha>0$ (4)
. Salzer , $\Sigma_{k=0}^{n}$ \mu (k+\mbox{\boldmath $\alpha$})-r $=\delta_{0r},$ $0\leq r\leq n$ [
. , $S_{n}=S+c/(n+\alpha)^{r}$ ,








$\overline{I}(L)=\int_{0}^{L}\phi(L,x)I(x)\mathrm{d}x,$ $I(L)= \int_{0}^{L}f(x)\mathrm{d}x$ (6)
. , $\phi(L, x)$ . , (6)
$\overline{I}(L)=\int_{0}^{L}w(L, x)f(x)\mathrm{d}x,$ $w(L, x)=o \int_{e}^{L}\phi(L, t)\mathrm{d}t$ (7)
. $w(L, x)$ ,
.
, Euler . Euler [3]
$\phi(L, x)=\frac{2}{\sqrt{2\pi\sigma^{2}L}}\mathrm{e}^{-(2\mathrm{a}-L)^{2}/\{2\sigma^{2}L)}(\sigma>0)$ (8)




. , , Euler , Fourier $I(L)$ $=$
$\int_{0}^{L}f(x)\mathrm{e}^{\mathrm{i}x}\mathrm{d}x$ $|I-\overline{I}(L)|=o(\exp(-CL)),$ $C>0[_{\mathrm{c}}^{-}$
, [3].
, Salzer . (4) , [2]








, Salzer . , $N$
, $P_{n}(x)$ Legendre . Legendre ,
$\int_{0}^{L}\phi(L, x)(.x+\alpha)^{-r}\mathrm{d}x=\delta_{0r},$ $0\leq r\leq N$
. , Salzer ,
.
1 $\beta\geq 0,$ $b_{r},$ $c_{f},$ $p>1,$ $q>1$
$I(L)=I+\{$
$\sum_{\mathrm{r}=0}^{\infty}b_{r}(L-\beta/2)^{r}$ , $0\leq L\leq\beta$
$\sum_{r=1}^{\infty}\frac{c_{r}}{(L+\alpha)^{r}}$ , $L\geq\beta$
(11)




$I(L)=I+g(L)$ $\langle$ . (6) (10) ,
$\overline{I}(L)=I+\frac{(_{\lrcorner}^{\eta}N+1)!}{(N!)^{2}L^{N+1}}\int_{0}^{L}g(x)(x+\alpha)^{N}P_{N}(2x/L-1)\mathrm{d}x$ (14)
. , $2^{n}n!P_{n}(x)=(\mathrm{d}/\mathrm{d}x)^{n}(x^{2}-1)^{n}$ ,
$\overline{I}(L)=I+\frac{(2N+1)!}{4^{N}(N!)^{3}L}.\int_{0}^{L}\frac{\mathrm{d}^{N}}{\mathrm{d}x^{N}}(g(x)(x+\alpha)^{N})(1-(2x/L-1)^{2}.)^{N}\mathrm{d}x$ (15)
,
$\frac{(2N)!}{4^{N}(N!)^{2}}=\frac{1\cdot 2\cdot 3\cdot 4\cdots 2N}{2\cdot 2\cdot 4\cdot 4\cdots 2N}\leq 1$
,
$|\overline{I}(L)-I|\leq(2N+1)(U+V)$ , (16)
$U=$ $\frac{1}{N!}\max 0\leq\approx\leq\beta|\frac{\mathrm{d}^{N}}{\mathrm{d}x^{N}}(\sum_{r=0}^{\infty}b_{r}(x-\beta/2)^{r}(x+\alpha)^{N)}|(4x/L)^{N},$ (17)









$u_{\nu}$ $\leq$ $\sum_{k=0}^{N}(\begin{array}{l}Nk\end{array})(\alpha+\beta/2)^{N-k}(p\beta/2)" k((p-1)\beta/2)^{-N}$
$=$ $( \frac{\alpha+(p+1)\beta/2}{(p-1)\beta/2})^{N}(p\beta/2)^{r}$
. ,
$U \leq\sum_{r=0}^{\infty}|b_{f}|u_{f}(4\beta/L)^{N}\leq B_{p}(\frac{8\alpha+4(p+1)\beta}{(p-1)L})^{N}$ (19)
.
$V$
$v_{r}$ $:=$ $\frac{1}{N!}\max\beta\leq\approx\leq L|\frac{\mathrm{d}^{N}}{\mathrm{d}x^{N}}((x+\alpha)^{-N-r}(x+\alpha)^{N})|(4x/L)^{N}$
$=$ $\beta\leq x\underline{<}L\mathrm{n}1\mathrm{a}\mathrm{x}(\begin{array}{ll}N+r -1N \end{array})(x+\alpha)^{-N-r}(4x/L)^{N}$
, ,










, Euler Salzer . ,
$\phi(L, x)=\frac{2^{N+1}(x+\alpha)^{N}}{\sqrt{2\pi}N!(\sigma^{2}L)^{(N+1)/2}}h_{N}((2x-L)/(\sigma L^{1/2})),$ $h_{n}(x)=H_{n}(x)\mathrm{e}^{-s^{2}/2}$
. (21
$\dot{}$
. , $H_{n}(x)$ $H_{n}(x)=(-1)" o\mathrm{e}^{e/2}’(\mathrm{d}/\mathrm{d}x)^{\mathrm{n}}\mathrm{e}^{-n/2}$’
Hermite . Hermite ,
$\int_{0}^{L}\phi(L, x)(x+\alpha)^{-r}\mathrm{d}x=\delta_{0r}+O(\mathrm{e}^{-L/(2\sigma^{2})}),$ $0\leq r\leq N$
. , (21) Euler (8) ,
$\int_{0}^{L}\phi(L, x)\mathrm{e}^{\mathrm{i}\omega oe}\mathrm{d}x=\frac{1}{N!}\mathrm{e}^{-\mathrm{i}w\alpha}\frac{\mathrm{d}^{N}}{\mathrm{d}\omega^{N}}(\alpha t^{N\mathrm{i}\mathrm{I}d(L/2+\alpha)}\mathrm{e}\mathrm{e}^{-\sigma wL/8}$
”
$)+O(\mathrm{e}^{-L/(2\sigma)}’)$









1 . $I_{1}$ Fourier , $I_{2}$
. [ , $I_{\theta}$ $I_{\}(L)= \int_{e}^{L}1/(2x^{2})\mathrm{d}x-\int_{\epsilon}^{L}\cos(2x)/(2x^{2})\mathrm{d}x$ , $I_{1}$ $I_{2}$
. (7) , (21)
$w(L, x)= \int_{\mathrm{g}}^{\infty}\phi(L, t)\mathrm{d}t-\int_{L}^{\infty}\phi(L,t)\mathrm{d}t$ , (22)
$\int_{l}^{\infty}\phi(L,t)\mathrm{d}t=\sum_{n=0}^{N}\frac{2^{n}(x+\alpha)^{n}}{\sqrt{2\pi}n!(\sigma^{2}L)^{\mathrm{n}/2}}h_{n-1}((2x-L)/(\sigma L^{1/2}))$ (23)
[ . , $h_{-1}(x)$
$h_{-1}(x):= \int_{\varpi}^{\infty}\mathrm{e}^{-t^{2}/2}\mathrm{d}t=\sqrt{\frac{\pi}{2}}\mathrm{e}\mathrm{r}\mathrm{f}\mathrm{c}(x/\sqrt{2})$
86
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$I_{6}$ $=$ $\int_{0}^{\infty}\frac{\exp(\sin x)-1}{x(x+\cos x)}\mathrm{d}x=1.8131877148\cdots$
2 . Fourier $u$
,
. $N=5,\sigma^{2}=2,$ $\alpha=1.0$ ,





$a=1/15,$ $b=16,$ $c=0,$ $\nu=16$
, 3 . CPU Intel
Xeon $2.4\mathrm{G}\mathrm{H}\mathrm{z}$ Intel Fortran Compiler 60for Linux . ,
87
$O(x^{-3/2})$ , , 1/2 $\phi(L, x)=$
$d_{N}(x+\alpha)^{N-1/2}h_{N}((2x-L)/(\sigma L^{1/2}))$ . , $d_{N}$ $w(L, 0)=1$
.
, 005 . , ,
, $[2^{m}\pi, 2^{m+1}\pi]$ $\epsilon$ (
$\mathrm{c}=0$ ) . , Euler
, .
6
, Salzer Salzer ,
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